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PREFACE

Polyrhythm is a useful subject of study. Besides preparing the practising musician
for situations which he will meet sooner or later in the course of his work, the dis-
cipline also has other aspects: by developing the ability to combine contrasting rhy-
thmic patterns and to interpret *“foreign” rhythms (counter-rhythms) to a given basic
pulse, skill is achieved in distinguishing between subtle rhythmic nuances, and a
strengthening of the general feeling for tempo is attained. One often hears poly-
rhythmic passages which are inexactly executed. However, when such patterns are
perceived and reproduced in an organic way, one can sense the fascinating tension
caused by the polyrhythm and the effect is quite striking.

While it has been more or less a matter of course that a pianist, organist or player
of other keyboard instruments must acquire the necessary skills in this field, it is far
from being the case that this discipline forms an equal part of the training received
by wind and string players or singers. Even though these performers are required to
cope only with their own parts in a polyrythmic structure, their task is no less de-
manding; here, too, is is a question of perceiving the overall tension brought about
by the contrasting rhythmic patterns.

As will readily be seen, the book consists of two principal sections, an intro-
ductory text in which the various types of polyrhythm are dealt with in turn, and
two collections of exercises. The first of these consists of a series of exercises in
which a melodic part is sung while a rhythmic part is performed as an accompani-
ment, either by clapping or by audibly beating time. These exercises can, therefore,
be used, regardless of which instrument is being studied. In the second collection the
different types of polyrhythm are applied to a series of two-part pieces. These
exercises can be performed on the piano or other keyboard instruments, in which
case both component parts of the polyrhythm are executed by the same player.
They are, however, intended also as material for polyrhythmic ensemble playing,
where two or more instruments participate. Singing of the parts is also advisable
where range and character make this possible.

The difficulty of a given polyrhythm depends to a great extent on the context.
In the initial exercises and in the 2-part pieces a contrasting rhythmic part is often
combined with a regularly flowing part, thus greatly facilitating the execution of
the polyrhythm.

As supplementary exercises for the final stage, use can be made of my volume
*30 Polyrhythmic Etudes” (Edition Wilhelm Hansen, Copenhagen 1976), a collec-

tion of two- and three-part pieces which contains a more thorough treatment of the

fundamental types. P
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The polyrythmic combinations dealt with in this book set out to cover all the
most characteristic types and to include only forms which are comprehensible and
feasible in performance. In order to obtain the concentration necessary, I have con-
sidered it most appropriate to compose all the exercises myself. Needless to say,
this material may be supplemented with examples from the literature of the piano
and organ, from chamber music, modern orchestral music, art-songs etc.

The majority of the exercises have been provided with metronome markings,
which as a rule indicate the tempo at which the various polyrhythms are easiest
to perform. However, when the particular polyrhythm has been learnt, it is also
useful to perform the exercises at other tempi adjacent to the given marking. Where
the use of the metronome is suggested, as is often the case, the clockwork metro-
nome with its relatively weak pulse-beat is most convenient to work with; it has the
additional advantage that it can also mark tempi which are not indicated on the
normal metronome scale. This becomes especially useful in connection with the
special method I have employed for the more complicated types, which involves
calculating the metronome markings for the various cross-rhythms, comparing them
and thus facilitating performance.

In conclusion: in the text asterisks have been put beside the comments to certain
exercises; this indicates that the particular exercise is rather more difficult and may
therefore be left until a later run-through. The exercises in the last chapter have been
designated in the same way; the polyrhythms treated in this section are rather more
specialized and are primarily relevant in connection with the performance of con-
temporary music.

Jorgen Jersild



I. THE DIFFERENT TYPES OF
SUBDIVISION AND THEIR NOTATION

If we imagine a given note-value divided into values of equal size — a duple,
triple, quadruple, quintuple division etc. — then certain of these sub-divisions will
represent primary sub-divisions, while the others, the secondary sub-divisions, are
derivations produced by sub-dividing the primary types. The basic types, the primary
sub-divisions, follow the prime series: 2, 3, 5, 7, 11 etc.; divisions into 4, 6 or 12
parts, for instance, are derived forms, as they can be traced back to the primary
duple or triple divisions.

If we take a quintuple division, based on the quarter-note, the figure will, of
course, look like this: E—r—‘g £f; the numbered bracket indicates the divisional type,
and also signifies that the sixteenth-notes of the figure do not have their actual “face
value”. Note also the use of square brackets, which are to be preferred in order
to avoid confusion with bowing or phrasing marks.

If we take as our next example a 12-fold division of the quarter-note, we shall also
require a square bracket:

but it will be clear that the sub-division used here is one of the secondary kind, and
it is impossible to discern directly where the accents fall in the figure. This method
of notation is thus only appropriate in cases where the figure moves rapidly, the
position of the accents thus being of little importance, or in cases where the accents
clearly emerge from the context. If, however, it is necessary to show the accents,
the notation must indicate the fundamental primary divisional type:

rglrgargi1r3

In the first case the principal division, as shown by the way the beams are joined,
is a triple division; in the second case the figure divides into four sixteenth-notes
which in turn are sub-divided into triplets, and the primary division is therefore
duple. Note how in the first case only one tail is drawn right across, as this figure
is based on the eighth-note triplet, while in the second case fwo tails are carried
across, since in this case a sixteenth-note figure has been sub- divided.

Our system of rhythmical notation is constructed on the principle of duple
division: o.d 4, 4.4 J, J.J3 etc. Here the individual notes stand for their actual

face value. The other divisional types, triple, quintuple, septuple etc., must make

do by borrowing from this binary series.



Let us clarify this method of notation by sub-dividing the quarter-note up to a
ten-fold division:

2-fold: L f

3-fold: (ff
4-fold: LLLS

— 5 1
S5-fold: M
s 31 31 T3
cloa: LLLLEf  on (rLPEf on LEFLES
f—%

7-fold: L;M
8-fold: EEEELEES
} 3 131
o-fold: LLLLELEES  or CEPLEPEEF
ofos: et o grdiger o gy

In these sub-divisions we employ three kinds of note-values: ) 4 and J, correspond-
ing within the binary series to a duple, quadruple and octuple division respectively.
The transference of these values to the other types of sub-division will inevitably
cause inconsistencies. Note that the 9-fold division uses sixteenth-notes, i.e. a longer
note-value than the 8-fold division, which is written with 32nd-notes, in spite of the
fact that the 9-fold division represents the more rapid movement.

The triplet which uses the same note-value as the corresponding duplet would,
when sub-divided further, rapidly ‘“‘fall behind”; if each of the 16th-notes in the
9-fold division is sub-divided into 3, then this 27-fold division will be written in
32nd-notes, the same note-value which in the binary series is already reached at the
8-fold division.

The use of the same note-values in duplets and triplets can bring about other
notational peculiarities. For example: if we wish to write down a tripletf | F_r‘,the last
two notes of which are then replaced by another triplet, so that the half—nr(g%_i’n
this figure I;_m is divided into three, the resulting figure must be written thus: L[j ;
if the last two notes in this newly-formed triplet are replaced by yet another triplet
— a rhythm which can certainly be performed — the figure will take on the following
rather complex appearance: "~ —2r—

I 1.,
rrees
We must still use the quarter-note value in each of the three triplets, in spite of
the fact that they represent constantly increasing speeds. Having ascertained that
figures which contain triple sub-divisions in their notation quickly “fall behind” in
the system, we are in a position to establish the following basic rule for other divi-
sional types — divisions into 5, 7, 11 parts etc. plus their sub-divisions: these types
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employ the same note-value as the immediately preceding binary division. A quin-
tuple division of the quarter-note uses sixteenth-notes, as does the quadruple division,
and a septuple division also uses 16th-notes, because the quadruple division is the,
immediately preceding binary division in this case as well.

This rule can also be stated thus: when we transfer the note-values of the binary,
series to other divisional types, the constituent notes of the figure must add up to
a greater “face value” than the value to which the figure as a whole corresponqg
A half-note septuplet, for instance, is not written thus: ffefeee,since the sum of tlle;
constituents notes’ face value is only equal to 7 sixteenth-notes, i.e. one 16th-note
too few in relation to the space which the figure occupies, i.e. a hm There._
fore we must use the note-value one level above, i.e. the eighth-note: -

If we take a compound note value instead of the quarter-note — which is a g5, ple
note-value — as the starting-point for similar divisions, i.e. values such as " or P
then the problems associated with the method of notation become somewhat o
plicated. Let us take as our first example the value ', which occupies a $-meag
or half a §-measure, and imagine a duple division of this note-value. Accordip
one notational tradition, particularly characteristic of French music, the %‘dupl

>
Oom-
Llre>
g to

j [ e e e 3
written in eighth-notes: -gf}f *. Similarly, the duplet division of the r"Valuet is
written in quarter-notes: F‘F | ** This method of notation follows the rule th 1s

at

duple and triple division use the same notq,-value; thus the first two bars in 3 pas

like this, written in duple time: ﬁ‘U.IE} If | employ the same note-valyeg Wsl?ge
the figure is transferred to triple time: %EF terir i en
A second method which is probably used more frequently is to write the 3-dy

in quarter-notes: 30t ***, and the P-duplet according to the same Principle St

half-notes §f f [****.  This method complies with the rule that the sum, of in

face values of the constituent notes must not be less than the value on whick, the

type of division is based. thea
A third method consists in the exact indication of the value of the noteg mal;

up the duplet, in § thus L |***** ing
These three methods of writing the duplet figure will, of course, inﬂUence

notation of the divisions into 4, 8, etc. In accordance with these three Prin e

the duplet, quadruplet and octuplet will be written thus: Ciple&>
21 [ 4 1T 8 )
a. §L1 | |EEEEEELT
I I 7] 1 T g 1
NS A agddddaday
C. _a_u. I E E. E. r. |E.E E.E.E.E.E.(.l

The last of these possibilities (c) is attractive because of the precise indjcq s

gives of the length of the notes. It is particularly suitable for use in cases Wheron it
——— e
* See Fauré “A Clyméne”. Op. 58. 4 or “En bateau’ from Debussy's “Petite suite”. Q@
**  See Grieg’s “To Spring”,
**%  GQee Hindemith’s “Das Marienleben' no, 4. [ ey
**%* See Brahms’ Piano Sonata op. 1 (the last bars of the Scherzo movement). e
wkxkk Gee Debussy: “Tberia”, p. 22 of the score (published by Durand). i P R
iy, .
4 “\ ‘\
Hochsety, ,  w.
e ‘U!Q N
— O -

N




6

divisional figure contains only identical note-values, or in a quadruplet figure like
this: %LQ’[' I s but if the quadruplet is further complicated, for instance by dotting
the first of its four notes, we might tend to think that a notation like the following
could be used: §ELLS ; but it will be obvious that this is in fact quite wrong, as the
second dot after the first note only increases its length by 1/4 of the value of the
sixteenth-note, but not by half the dotted sixteenth-note, as is required in the pre-
sent case.* Therefore this figure must be written thus: 320 |; which demands
a considerable degree of skill in handling fractions and the notation appears dis-
tinctly complicated.

Of the two methods of notation marked (a) and (b), the second must be regarded
as the most suitable. If we choose the first, (a), the note-values used in the various
divisions will be the same, regardless of whether J or J. is the starting-point. Alterna-
tive (b), on the other hand, complies with the above-mentioned rule of surplus
value and definitely seems to be preferable as the most logical and easy to read.

On the basis of these considerations, therefore, the various sub-divisions of the
value will be written as follows:

3

g
2fold: [ f
3-fold: LLJ'
7
4-fold: [ [ [ r
s
5-fold:
I'__Z—_l
31 ——2——
6fold: LPLPLr om{Pf(Ff ongerpLf
—
7-fold: LL[__LLQ’
2 1

8-fold: LLLF Eég’

9-fold:

ofow: (eefbeprr on peerrerer  on geberpefes

It will be apparent that the note-values used here form a wholly satisfactory pro-
gressive sequence: the 9-fold division in fact fits into the sequence better than in
the previous example, where the quarter-note was sub-divided. On the other hand,
the sextuplet division shows a peculiarity, as the figure must naturally be written in
sixteenth-notes if it contains three accents, while the figure with fwo accents

* This inaccurate figure can be found on page 418 of Joh. Wolf’s “Handbuch der Notationskunde”’,
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actually should be written in eighth-notes, as it represents a triple division of the
duplet which has the value of a quarter-note. As the two figures move at exactly the
same speed, it would be most practical, especially if the two figures occur side by
side, to write the triplet division of the duplet in sixteenth-notes as well.

As a last example we shall take the sub-divisions of the #- value, also in com-
pliance with the rule of surplus value:

8 o [T

2-fold: [ f
3-fold: m

4fold: [ f [ f

sfold: ([

6fold: LfFLFLL onfpprrer O“LTIL_TF
7fold: [LPPLLF

Sold: (LLLLLEF

ofold: (LI LT CLS

2 1

lo-fold: LLELELELES o LLLLFLLLLL onflflfErers

The same phenomenon, as shown in the previous example, occurs here is the case
of the sextuplet division, and furthermore in the case of the 10-fold division.

If we compare these three rows, the divisions of J, 4 and J_s we will find certain
points of concurrence: e.g. in the first two rows the septuplet is written with the
same note-value. However, such cases will not normally give rise to misunderstand-
ings, as the time signature and the structure of the measure in question will show
from which note-value the particular division is derived. Similarly is a case like this:

g 1
At
As the measure contains four quarter-notes, the quadruplet must be a sub-division
of the J-value.

We can also employ this “subtraction method” in the less common cases in which

a sub-divisional figure extends across a bar-line, e.g.:

f 5 —
=it =oms|

r - | 1)
LS e
v £ =E

1 7
i T
> 1

t
T
&

T 1
1 b
! 1
L 4 L J
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The remainder in the first measure (=4) is added to the remainder in the second
measure (=J); thus the quintuplet figure is a sub-division of the J-value. Note that
the distribution of the single notes of the sub-division on either side of the bar-line
is determined by when the note is struck — whether it comes before or after the bar-
line break. If, in the present example, the figure is combined with another rhythm in
quarter-notes for instance, it must be clear from the notation that the fifth note of
the quintuplet does not coincide with the first beat of the second measure, but
comes a little after it.

When the individual notes in a divisional figure enclosed in a numbered bracket
are tied together to form larger units, or are further sub-divided, or when one or
more of its values are replaced by rests, figures such as those shown in the next
example can occur:

3% 1 3 T 5 I A

3 3 1 | 5
3400010, T30 D133 ddRd Jid

Figures of this kind are sometimes difficult to take in, but in respect of notation
they do not pose any new problems. In this case the quintuplet division of the
d-value is to be written as quarter-note quintuplets, which may thus form the same
structures as the § meter: a septuplet written in eighth-notes will thus produce the
same structures as %_meter, and so on.

The principles demonstrated in these examples will be readily transferable to cases
in which other note-values are sub-divided, and in which there are other divisional
types than those dealt with here.




II. THE POLYRHYTHMS 3 AGAINST 2
AND 2 AGAINST 3

When rhythmic figures, each belonging to its own primary sub-divisional group,
are simultaneously combined, the phenomenon of polyrhythm occurs.

A two-part musical structure is normally required for the formation of a poly-
rhythm; but a monodic melody line can also display a polyrhythmic relationship, i.e.
in its relation to the basic rhythmic meter, as shown in the following passage:

9 \ ™3 —
A —] 1 1—1 — 1 T [i
a§§ = s=s PEFRL t i

In quarter-note meter each of the two triplet figures in the second measure will
form the polyrhythm 3 against 2 in relation to the basic meter.

This form, in which a recited or sung figure contrasts polyrhythmically with a
given basic pulse beat, will be taken as the starting-point in learning the various
polyrhythms.

3 against 2
See Exercises p.33 no. 1. The relationship between the quarter-note triplets of
the melody and the quarter-notes of the basic meter corresponds to the polyrythm
3 against 2. In order to gain a clear impression of the polyrythmic effect, this and
subsequent exercises of the same kind will be accompanied by beating time audibly,
i.e. the beats are simultaneously marked by tapping the table lightly: in this case,
where, the time signature is 4, thus:
A\/
2 1 34
Initially the metronome is also used as an aid. Furthermore, we will make it a rule
to beat an introductory measure in all these exercises.
The timing of the cross-rhythm, the quarter-note triplet, on the basis of the meter
of the introductory measure, may initially cause difficulties, but we can establish
that both the contrasting rhythms ‘“divide into” a triplet division of the quarter-

note meter:
T 3

J

==
:

TR

We can thus perform the first two notes of the quarter-note triplet by transcribing
them mentally to this figure: 7} . If we perform the tied eighth-note perfectly
rhythmically, so that it comes as a “gentle” triplet upbeat to the second beat (to be
clearly distinguished from the corresponding binary figure: [3.4), we will already be
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able to perceive the polyrhythmic effect; and when the.: triplet figure has 'been com-
menced in this way, the third quarter in the triplet unit may be added without any
difficulty. o

When performing a polyrhythmic 3 against 2 figure it will become appa?e_nt that
the triplet may tend to slow down the tempo. It is generally at the transmo'n be-
tween the second and third notes of the triplet that the delay occurs. If the tr1pl<_ats
are phrased thus: Q JT_J,_JJ/ITJ, the chances of delaying the .third ngt\e V&LIE be in-
creased, and it is thLé?éJfore a }Fp to start by imaging this phrasing: JJ_.‘J JJL_J__{ |@

EXERCISE 1,p.33. As a preliminary exercise to exercise |, the metronome is set at
J=92 and its pulse is followed by beating time audibly. When the two pulses (.metro-
nome and tapping) coincide perfectly, the series below is recited, repeating the
fourth measure several times.

I.quf.irgu;u
YR YR YAy

N R I R

I

]

The exercise is also performed in more rapid tempi up to approx. 120, and then in
slower tempi down to approx. 72. Finally measures 1-3 are omitted, and we work
out the speed of the quarter-note triplets directly after the metronome has marked
four beats.

' -Exercise 1 is then performed at tempo 92, accompanied by beating time audibly and
Initially with the use of the metronome as well; the auxiliary rhythms in measures
1-4 can, if desired, be included immediately beforehand.

EXERCISE 2, p. 33 is also performed with the metronome and beating time audibly.
The exercises are also transferred to the instrument while the basic pulse is marked
by' the metronome: the pianist performs the melodic line doubled at the octave,
Strings play if Pizzicato, winds with tonguing on each note. Choose a comfortable
tempo (not too fast),

EXERCISES 39, p.33.The degree of difficulty of the polyrhythmic triplet depends
lz_irgely on the Surrounding rhythmic context: when preceded by binary rhythmic
flgures_, as in exs, 3-8, the timing of the triplet is more difficult than in exs. 3 and
4. 1t is important to check that the basic rhythm is maintained when the poly-
rhythm oceurs, and is continued after it is played. The exercises should also be
Worked through without the metronome, only beating time audibly, and also per-
fOfmf?d instrumentally in the same way as ex. 2. Note the eighth-note meter in
€xercise 8 and the half-note meter in exercise 9. The exercises should also be sung
through withoyt a break, tempo = 92,
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EXERCISE 10-13, p. 34. The various derzvatzons of the polyrhythmic triplet do not
cause great drfflcultles the figure 7] (in quarter-note meter) can be transcribed
mentally to J_ m to avoid confusion with the correspondmg binary figure J. );

J J corresponds to the auxrhary rhythm used previously, |°} iy , and srmrlarly; J
can be transcribed to i Ju Transcriptions of this kind are especrally useful in en-
suring a more precise performance, especially at slower tempi. Note the eighth-note
meter in exercise 11;ex. 13 is accompanied by beating 3-time audibly.

EXERCISE 14, p. 34. Repeat the repetition section of the exercise several times; the
exercise is begun at tempo = approx. 52 and the tempo is gradually increased to
J= approx. 132 and is then decreased back to the original tempo. The accompanymg
eighth-notes are tapped or clapped.

EXERCISES 15-18 p. 34: exercises with an accompanying part which is tapped or
clapped. When singing the exercise through for the first time the melody part only is
performed while beating time audibly in the basic meter (in ex. 15: quarter-notes,
in 16: eighth-notes and so on). The exercise is then repeated, and the accompanying
rhythmic part is tapped or clapped. The exercises are also performed so that each
part is taken by a separate performer or shared among two groups, initially with
the aid of the metronome. 3 against 2 polyrhythms occur here with both triplet and
duplet in derived forms; in certain cases the derived types are combined, as in
exercise 18 measure 3 and measure 7; when practising, the rest in the rhythm part
in these measures may be replaced by the corresponding note.

EXERCISE 19, p. 36: 3 against 2 polyrhythm in § time. The rhythmic accompani-
ment is beaten audibly (beats as in triple time, but the third beat short, correspond-
ing to an eighth-note). The accompaniment part is first practised alone; to ensure
that the eighth-notes at the end of each measure do not result in disruptions to the
tempo (generally they will become too short). The metronome is used as a check;
we use it to mark the quarter-notes at tempo 92, and the first two quarter-notes
in all the odd measures (measures 1, 3, 5 etc.) will coincide with the metronome
beat. The melodic part and the accompaniment part are then combined without the
metronome. As a last (and quite demanding) exercise the metronome is included as
a third element beating quarter-notes®*,

2 against 3.

EXERCISES 20 and 21, p. 36. After working through the exercises in 3 against 2
polyrhythms, the inversion, 2 against 3, will prove relatively easy to learn. In this
case we perform the slower of the components, the duplet, in the upper part; thus
it can be difficult to make the two notes completely even. Placing the second duplet
note midway between the second and third notes of the underlying triplet will
be a help at slower tempi. It is in fact more important to bear in mind that the
duplet should be clearly binary, and that the triplet upper part in the 3 against

* This exercise can be executed only after the 5/8 bar has been learnt. See my book “Ear-Training”. Chester
Music 1977, 11 (Rhythm Reading) pp. 25, 26, 52-54 and 71.
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2 polyrhythm does not inadvertantly 1nfluence the 2 against 3 pattern, which may

cause the duplet to sound like this: ,}#:gj instead of like this: %T‘%)ﬁ

The following preliminary exercise should be practised to the accompaniment of the

metronome; the upper part is sung, the middle part is clapped and the lower part
tapped by the foot:

‘J=126 —z 1 —ZzZ 1
L I = P ——
« lonnnonlnns
- R R Bl A

=z =z 1 ,
e S
) & v g

YOV Y T N e O s S

= It - - -

Repeat the last five measures at various more rapid tempi up to J= approx. 76;
then work through exercises 20 and 21, p. 36.

2-PART EXERCISES 1-6, p. 58: six short introductory exercises for practising the
two-part performance of the polyrhythms 3 against 2 and 2 against 3. The exercises
are primarily intended for instrumental performance; they can be performed at the
piano, but are equally intended for practise in polyrhythmic ensemble playing —
performed by two stringed instruments or string groups (pizzicato is preferable,
especially to begin with), a stringed instrument plus piano, etc. The part which con-
trasts with the basic meter should also be practised alone, while the metronome
marks the contrasting cross-rhythm.

Then go on to exercises 1,2,3,4,5 and 6 in the volume “30 Polyrhythmic Etudes™™

——————

* See preface
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IIL. THE POLYRHYTHMS 3 AGAINST 4
AND 4 AGAINST 3

3 against 4

At first glance the 3 against 4 polyrhythms seems to represent a rather complicated

juxtaposition; its two components, triplet and quadruplet, are so remote that we
require a 12-fold division in order to see how they relate to each other:

[ 3

I B
EELCES L ELS
N B
But this purely mathematical proof is not much help in the practical performance
of this polyrhythm; the 12-fold division, even at a moderate tempo, is a much too
minute sub-division of the time scale. The frequently employed “interpolation”
method: “the second triplet note a little after the second quadruplet note, the third
triplet note a little before the fourth quadruplet note” cannot be recommended
either, as it then becomes difficult to make both the contrasting figures even.
Nevertheless, the polyrhythm 3 against 4 and its inversion 4 against 3 (the latter
type is the more common in the classical period) are both significant combinations.
The frequent use of this pattern is doubtless due to the fact that in this and similar
cases we are able to grasp simultaneously not only two contrasting single rhythms,
as is the case with 3 against 2, but can also grasp two rhythmic relationships, which
join together to form a new and perceptible pattern. In the case of 3 against 4
the two relationships 3 against 2 and 2 against 4 are combined. We will use this
approach when learning this polyrhythm.
We are familiar with both relationships: 3 against 2, which we have just learnt, and

2 against 4, which poses no inherent difficulties. Thus we will use the duplet as the
“‘mean proportional”:

EL—I ] 3 against 2
ELLSf

In the following preliminary exercise, in which triplet and quadruplet divisions of
the half-note are juxtaposed, we proceed to the 3 against 4 polyrhythm via 3 stages:
3 1

:\ 2 against 4 } 3 against 4

3 3 1
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The following preliminary exercise is performed with the aid of the metronome and
at a very moderate tempo (e.g. J=84) so that the relationship between the two
contrasting rhythms emerges quite clearly; the upper part is sung, the middle part
is clapped and the lower part is marked by the foot and the metronome. In the first
stage the rhythmic part indicated with (a) is clapped as an accompaniment:

nJ=84 lTlll"?_]lj
a 4 . P T . ewo o
N N =)
(N = A=
S I S (Tt
S S Smamioe o |
n hsl Il:{: {
FEE=E=E =
=A== =
S N S S S A
A A A
L S A S | S S Bt
s 1 My 17 ™3 3y 3 1 3
e e e e e
O O 6 (O O
8 S 0 5 5 G
'rfjrfrfffrrtffffffftfff'"
i r 7

The two contrasting rhythms, triplet and quadruplet, are thus timed against the
quarter-notes, which are marked by the foot and the metronome; by performing the
rhythmic part (a) as accompaniment we can clearly perceive the eighth-notes as
simply a sub-division of the second note of the duplet. Take care that the triplet
does not drag and slow down the tempo — it may have a tendency to do so, while
the eighth-notes in the quadruplet may tend to become too fast; the eighth-notes
should be unhurried and exactly equal in length.

When the preliminary exercise, accompanied by the rhythmic part (a), has been
mastered, exercises 3, 4, 5, 6, and 7 on p. 33 are sung through without a break to
the accompaniment of the ostinato figure corresponding to (a) both with and with-
out the foot and the metronome marking the basic pulse.

At the second stage the preliminary exercise is accompanied by ostinato-figure
(b), and exercises 3-7 are sung through with the corresponding accompaniment

figure,
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Then, as the last stage, the full quadruplet figure (c) which is also used as accom-
paniment in exs. 3-7.

Then practise exs. 10 and 12 with the ostinato figures (a), (b) or (c) as an accom-
panying rhythm, thereby learning the polyrhthm 3 against 4 with the triplet figure

in derived form. _
Similarly, in order to learn the polyrhythm 3'against 4 with various derived forms of

the quadruplet, exercises 3-7 are worked through to the accompaniment of ostinato
figures such as:

add hd) N
ad Al M
i:‘/J)J ‘/J’J |

Cases in which both triplet and quadruplet occur in derived forms can be tested, e.g.
by performing exs. 10 and 12 to the accompaniment of the ostinato figure (d).

EXERCISES 22-27, p. 36. On the basis of the previous exercises, no. 22 poses no
new problems. In exercises 23, 25, and 26, which are in eighth-note meter, the
polyrhythm 3 against 4 occurs in its most common notational form, an eighth-
note triplet in opposition to a figure in sixteenth-notes; as an introduction to this
type ex. 8 can be performed to the accompaniment of one of the above mentioned
ostinato figures in diminished form; as a preparation for ex. 24, in half-note meter,
ex. 9 can be performed in a similar way, now with the ostinato figures in augmented
form. Exercise 27 shows examples of polyrhythmic triplets extending across the
bar-line.

EXERCISE 28, p. 38: the polyrhythm 3 against 4 in % time*. In the accompanying
rhythmic part the shifting accents are marked with a slight stress in measures 1 and
2: first, third and fifth eighth-note, in measure 3: first, third and sixth eighth-note,
and so on. Initially the rhythmic part is practised alone on the basis of the metro-
nome’s quarter-note beats; check that the first beat in all the odd-numbered measures
(measures 1, 3, 5 etc.) coincides with the metronome beat. Then the melody part
and the accompaniment part are combined without the metronome.

2-PART EXERCISES 7 a-f and 8, p. 60: a group of short introductory exercises for
practising the two-part performance of 3 against 4. On the first run-through the
upper part is sung, the lower part is clapped and the metronome and foot mark the
pulse beats at tempo 92 (in exercises 7 a-f eighth-notes, in ex. 8 quarter-notes). Then
the lower parts in exs. 7 e and 8 are sung at the same tempo, while the upper parts
are clapped. When the pianist transfers the exercises to his instrument, the metro-
nome is also used as the fundamental element; the exercises are played without
pedal, left hand slightly staccato, right hand slightly louder and more legato. If the
polyrhythm causesdifficulties initially, the right hand should be played first combined
with the metronome (3 against 2); then the right and left hands are alternated, each
playing one measure. the triplets in the right hand are thus introduced against the

* cf. my book Ear Training, 11 (Rhythm Reading) pp. 25ff, 54 and 71.
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so that the meter and the metronome form 3 against 2; by maintaining the tempo
the metronome’s half-note duplets will thus correspond to tempo 80, thus EQ;_Z =80:

J: 120

J=108 as well, and determine the tempo which the metro-

Perform the exercise at
nome should mark on the repetition of the exercise (half-note duplet).

When performing the rhythm 4 against 3 it should be borne in mind that an er-
roneous formation by analogy with the 3 against 2 pattern may make itself felt; if
the last note of the quadruplet coincides with the last note of the ternary contra-
part, then the 3 against 2 pattern will take over, as can easily happen at faster tempi
and in connexion with a particular phrasing of the quadruplet, as in the following

“false’ 4 against 3 type:

[ 7” ry 1 I ‘?A I—T n
EER=
or @

The notes in the upper part may be precisely equal in length, but the polyrhythm
may none the less be a ““false” 4 against 3, as shown in the following example:

EXERCISES 29-35. p. 38. The exercises are accompanied by beating time audibly in
the meter corresponding to the denominator of the time signature; they are practised
both with and without the metronome. Note ex. 32 which is accompanied by beat-
ing §-time. In exs. 32 and 33 the quadruplet figures are notated with their exact
value (dotted notes, cf. chapter 1), in the other exercises the principle of “surplus
value” is adhered to. The last of the exercises, no. 35, shows various derivations

of the quadruplet figure.
A subtle rhythmic nuance appears when the polyrhythmic triplet corresponding to
two pulse-beats is set beside the quadruplet which corresponds with three beats,

as in the following example:
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The speed of the two “foreign” rhythms seems to be almost the same, but 1f we
compare the auxiliary rhythm we used to time the triplet: )75 with the auxiliary
rhythm corresponding to the speed of the quadruplet tf , it will be apparent thqt
the quadruplet is very slightly slower than the preceding triplet. In a case like this
we can also approach the problem by calculating the metronome figures for the two
speeds and comparing them. As the tempo in this example is 4 = 84, the half-note
value must correspond to 42, and the single notes in the half-note triplet t0
24 x 3 = 126. Similarly, the single notes in the 4 quadruplet are equal to the metro-

nome figure 2222 = 112, The quadruplet has the lower metronome marking an
is therefore the slower.

Exercises 33 and 34 are particularly intended to develop ability in distinguishing
clearly between the triplet and the quadruplet; apart form the difference in speed,
the two polyrhythmic figures are different in nature, the triplet «goft’’, ternarys
the quadruplet with its four-fold sub-division, “angular”.

EXERCISE 36, p. 40. Sing ex. 30 at tempo 126 while the metronome marks /WO
beats per measure, i.e. quarter-note duplets (3% 84); on repetition the basic pulse
is also clapped (eighth-notes). In ex. 36 duple, triple and quadruple sub-divisions are
combined in the same way, the metronome is set at 100 to mark the eighth-notes,
the middle part is clapped or tapped softly, while the upper part is sung. The exe1-

cise is repeated to the accompaniment of the metronome, which now marks the
quarter-note value at tempo 58.

EXERCISES 37-41, p. 40. In exs. 37, 38 and 40 the triplets in the rhythm part
occur in derived forms, and represent the contrasting rhythm in relation to the re-
gular beat. Exercise 39 gives examples of polyrhythmic figures extending across the
bar-line. In exercise 41 both the triplet and quadruplet occur in derived forms;
initially the regular rhythm is marked with the foot. The five exercises are worked
through first with the metronome marking the note-value given in the time signa-
tures, and finally without.

2-PART EXERCISES 9-15, p. 61: 2-part exercises for learning the polyrhythm 4
against 3. Before performing the exercises instrumentally, the upper voice in exs.
12-15 is sung, while the rhythm of the lower part is clapped and tapped; similarly
the lower part in exs. 10 and 12 is sung to the accompaniment of the rhythm of
the upper part. During the preliminary exercises, and when the exercises are per-
formed instrumentally, the metronome is used initially to mark the note-values
indicated in the time signatures (in 9 and 10 first eighth-notes, then quarter-notes,
in 11 quarter-notes etc.); check that there is no distortion of the tempo, and then
omit the metronome. When the exercises are played on the piano or used in en-
sembles, the 4 against 3 pattern may seem rather more difficult than the poly-
rthythms already practised. Most frequently it is the erroneous analogy to the 3
against 2 polyrhythm which intrudes and causes the last note of the quadruplet to
coincide with the last note of the triplet; in such cases it will be a help to give the
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third note in each quadruplet group a slight accent, thus stressing the binary division
of the figure. In ex. 15 all the four polyrhythmic types so far learnt occur.

Follow up by performing on the piano or in ensemble exs. 14, 18, 20, 26 or 27 in
the volume “30 Polyrhythmic Etudes”.
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IV. POLYRHYTHMS DERIVED BY
SUB-DIVIDING THE BASIC TYPES
3 AGAINST 2 AND 2 AGAINST 3

To this group belong, apart from 3 against 4 and 4 against 3 which have already bele?-
discussed, juxtapositions such as 6 against 2 or 4 (sextuplet = 2 + 2 + 2), the po )t
rhythmic 6 against 3 (sextuplet = 3 + 3) or forms in which the binary componeﬂé
the quadruple division, is sub-divided, as in the combinations 8 against 3 and ]
against 6, The polyrhythms 6 against 2 and 6 against 3, may be called accentU?f
polyrhythms, since in these cases the polyrhythmic relationship is only apparent i
the sextuplet contrasts in accent with the contra part.

EXERCISE 42, p. 42: the polyrhythmic 6 against 2 and 6 against 4. This and the
following exercises are performed while beating time audibly (quarter-note me Fer).
Emphazise the accents of the sextuplets; in this case the sextuplets are sub-d1v1519118
of the quarter-note triplet, and the accents therefore fall on the first, third and fifth
notes of the sectuplet, while the fourth note, which coincides with the basic pulse
beat, is unstressed. The exercise is also performed to the accompaniment of the
ostinato figures already employed: a. f £f fLIbesresrr | ande, LLLTLEER
so that the polyrhythmic combination is now equal to 6 against 4.

EXERCISE 43, p. 43: the same ‘polyrhythms as in the previous exercise. Emphasizz
the changing stresses between, for example, measure 1 and measure 2 or measure

and measure 5; use the metronome to check that these changes in accent do not
affect the basic tempo.

EXERCISE 44, p. 43: 9 against 2. In this case the juxtaposition can also be derived
without difficulty from the basic 3 against 2 pattern.

EXERCISE 45, p. 43: 9 against 4. Perform the eight-note figures in the accompani-
ment part by beating time audibly. The polyrhythm 9 against 4 (measures 3, 5 aqd
7) is a characteristic example of how we are able to grasp rhythmic relationsllim m
compound polyrhythms; the common denominator of the two components is a
36-fold division, which can obviously be of no assistance in performance; here_ th.e
relationships 9 against 3 and 3 against 4 are combined, and the latter relationship is
in itself a compond pattern.

EXERCISE 46, p. 43: 6 against 8. If the 6-fold division is a combination of 3+ 3,
the polyrhythmic formation will correspond to twice 3 against 4; provided that the
sextuplet is divided thus: 2 + 2 + 2; the timing of the polyrhythm is the same as
3 against 4, but the alteration of the stress must be clearly apparent in performance.
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EXERCISE 47, p. 44: 4 against 6. The polyrhythms so far practised have been de-
rivations of 3 against 2, while the present and following ones are of 2 against 3.
Bring out the stresses in the accompaniment part,

EXERCISES 48-49. p.44: 8 against 3.

EXERCISE 50, p. 45: 8 against 6.

EXERCISE 51, p. 45: the polyrhythmic 6 against 3, a typical accentual polyrhythm,
since the formation of the polyrhythm rests solely on the division of the sextuplet
into 3 + 3. The combination is a derivation of the basic 2 against 3 form and its
notation represents a case in which the “surplus-value ” rule is not employed, since
the sextuplets in the upper voice in the last half of the second measure and follow-
ing should then be written in eighth-notes, despite the fact that the figure has the
same speed as the sextuplet in the first measure (cf. chapter I).

2-PART EXERCISES 16-20, p. 64: exercises containing examples of the poly-
thythms already dealt with. Ex. 16: the combination 3 against 2 in the first mea-
sures is continued as 6 against 4 because of the altered stress of the sextuplet;
the polyrhythm is maintained throughout the exercise, except in the first two
measures after the repeat sign. Ex. 17: 6 against 4 and 9 against 4, besides these,
3 against 4 also occurs, from which the two subdivisional types are derived, as well
as 3 against 2. Ex. 18: 4 against 6, the quadruplet may tend to become too slow:
begin by stressing the first, third and fifth note of the sextuplet — the 4 against 3
pattern is thus heard as an auxiliary rhythm. Ex. 19: & against 3; the octuplet at
the beginning of the third measure is timed by means of the quadruplets in the
previous measure. Ex. 20: the accentual polyrhythm 6 against 3; emphasize the ter-
nary rhythm in the lower part; concerning the notation, cf. remarks on ex. 51.



22

V. QUINTUPLET AND SEPTUPLET
POLYRHYTHMS

5 against 3 .
Thg 5 against 3 polyrhythm is a striking pattern which i§ .rela'tlvely easy to lear?,
even if the common value into which both components divide is also rather remote
in this case, i.e. a 15-fold sub-division. By sub-dividing the quintuplet we get trtle.
clearest impression of how the individual notes in each divisional figure relate to
each other:

T
sLerierterterets
. ¢ f

If we take the quintuplet figure as a basis and then introduce the three pulse bfeats,
we can clearly hear the symmetry of the pattern: the second pul‘se-bea_t a triplet
eighth-note before the third quintuplet note, the third pulse-beat a triplet eighth-note
after the fourth quintuplet note:
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Perform the example with quintuplet sub-divisions 2 + 3 and 3 + 2. The 5 against 3
juxtaposition is felt as a smoothly rounded, triplet-like polyrhythm related to 3
against 2 or 3 against 4, since triplet sub-divisions are used here in a similar way as
auxiliary rhythms. .
If a triplet corresponding to 4 beats, and a quintuplet corresponding to 3 beats, as in
the following example, the speed of the quintuplet figure seems to be equal to
double the speed of the triplet (example written in eighth-note meter):
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but if we perform the quintuplet exactly twice as fast as the triplet, the fourth
quintuplet note will coincide with the last pulse-beat in the § measure; in this case
we will perform a “‘false 5 against 3”, i.e. a binary triplet plus two sixteenth-notes:

The two patterns are very close to each other, so close that the “false” 5 against 3
can help us to find the speed of the quintuplet; we simply make the quintuplet
figure a fraction faster than the triplet which corresponds to two beats, and the
fourth quintuplet note thus falls into its correct place, immediately before the last
pulse-beat in the ¥ measure.

In order to distinguish clearly between the two related rhythmic figures, the follow-
ing example is performed to metronome accompaniment and while beating time
audibly; repeat the last three measures, until the 5 against 3 pattern becomes per-
fectly clear and fluent:

()$=88 3 ! 5 1T 5 !
ol Pl e j
L 0 o L L L e | [y

EXERCISE 52. p. 46. The stresses of the quintuplet correspond in the first half of
the exercise to 3 + 2, in the second half to 2 + 3; the stress in the 2 + 3 quintuplet
can cause confusion with gcr Efj | ie. another kind of ““false 5 against 3”’. Accom-

pany with the metronome and beat time audibly.

EXERCISE 53, p. 46. Beat time audibly to this and the following exercises, and use
the metronome initially as well. The quintuplet occurs here preceded by sixteenth-
note figures; note the changing stress of the quintuplet in measures 6 and 7.

EXERCISE 54, p. 46. This exercise contains the cross-rhythms ternary quadruplet
and binary triplet; the quadruplet, with its “angular”, binary character is the slowest
of the three; at tempo J = 72 the quadruplet value is equal to 13;‘—4 = 96; the binary
triplet is slightly faster, 722" 3 =108, while the quintuplet is the most rapid: ﬂa"i =120.
The three metronome indications give an impression of the subtle difference in speed
between the three polyrhythmic formations. Note the vertical stress marks which
indicate the accents of the quintuplet. The exercise should also be performed at

tempo 96.

EXERCISE 55, p. 46: the two adjacent speeds, the ternary quintuplet and the
binary triplet.

EXERCISE 56, p. 46: the same polyrhythmsin % time. Clap the rhythm of the accom-
paniment part or beat time to it audibly; emphasize the changing stresses of the §
measure with slight accents.
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EXERCISE 57, p. 46.'The ‘quintuplet occurs here in several different derivations:
c.f. the first example in this chapter, which shows how the individual notes relate’

to each other.

EXERCISE 58, p. 47. Here both the quintuplet figure and the ternary accompani-
ment rhythm occur in derived forms. P

EXERCISE 59, p.47.The polyrhythm 10 against 3 can be derived wi pye
o th
from the basic 5 against 3 form. without difficulty

5 against 2 and 5 against 4

The relationship between the two components in the 5 against 2 polyrhythm is quite
simple; the second note of the duplet comes halfway between the third and fourth

note of the quintuplet: ——

FTTT)
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In the 5 against 4 combination the relationship is a little more complicated; this
pattern is also clearly symmetrical, where the third quadruplet note forms a central

axis: i . ]
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In performance, the 5 against 2 polyrhythm, which appears relatively simple in
mathematical terms, may become a bit tricky; the second half of the duplet may be
d.elayed,‘so that it coincides with the fourth note of the quintuplet. In this connec-
.tlon it is of some importance where the accents fall within the quintuplet figure;
if the quintuplet sub-divides into 3 + 2, the difficulty seems most pronour%ced:
with the opposite sub-division, 2 + 3, on the other hand, the polyrhythm seems er—’
fectly logical and easy to understand. Particularly in a case such as the follovxI/)in

exz'ample, which to a certain extent is made more difficult by the initial rest in thi
q}untuplet figures — the combination occurs in the first movement of Schumann’s
piano concerto — the polyrhythm can be learnt most readily by lightly stressing the
nght-hand notes marked with tenuto signs, corresponding to the 2 + 3 type of the
quxptttuglet; when the figure is then performed a tempo, the auxiliary stresses are
omitted.
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EXERCISES 60-62, p. 47: 5 against 2. Accompany the exercise by beating time
audibly; note the more difficult 3 + 2 sub-division of the quintuplet in ex. 62,
measures 8-10.

EXERCISE 63, p. 48: preliminary exercise in the polyrhythm 5 against 4. The
exercise is performed with the metronome. The 2 + 3 form of the quintuplet is main-
tained throughout the exercise and is emphasized by a slight accent on the third
note in each quintuplet group. In performance, be careful that the fourth note in
the underlying quadruplet does not coincide with the last note of the quintuplet.
Then repeat ex. 60 with quarter-notes as the accompanying rhythm, together with
exs. 61 and 62, in which eighth-notes are clapped as an accompaniment.

EXERCISES 64-67, p. 49: 5 against 4. In ex. 65 the quadruplet accompaniment part
occurs with the insertion of rests, while in ex. 66 the quintuplet occurs in derived
forms. Ex. 67: here the 3-meter quintuplet and the 4-meter quintuplet follow
each other in measures 1 and 2 — respectively the fastest and the slowest cross-
rhythms in the exercise; from measure 5 and thereafter the cross-thythms decrease
more and more in speed, from the 2-meter triplet through the 3-meter quadruplet
to the 4-meter quintuplet; check the accuracy with the aid of the metronome.

EXERCISE 68, p. 50. The polyrhythm 10 against 4 can be derived without difficulty
from the combination 5 against 4; the unstressed sixth note of the 10-fold division
coincides with the third pulse-beat of the measure, and the timing thus corresponds
to 5 against 2, but with a change in stress.

EXERCISE 69, p. 50: an exercise which shows that a juxtaposition of three mutually
contrasting sub-divisional types is not impossibly difficult. In the first half of the
exercise the metronome marks the duplet division, while the rhythmic part marks
the. friplet division and the vocal upper part the quintuplet division: in the last half,
three adjacent divisions are combined, a triplet division, a quadruplet division and
a quintuplet division; in the last, rather more difficult combination (from measure 7
and following) the rhythmic part forms 4 against 3 in relation to the metonome, a
pattern which is in itself a compound pattern; it may be a help to give a slight accent
to the third note in the sixteenth-note groups of the rhythmic part.

7 against 2 and 7 against 4

The polyrhythms dealt with so far have consisted of various combinations of the
first three basic forms: duplet division, triplet division and quintuplet division.
With polyrhythms containing septuplets the fourth primary subdivision, is also
included, the last in the series which it is worth considering. If we proceed further
to 11- or 13-fold divisions — the basic forms, as mentioned above, follow the prime
series — we find that these divisional types are so inherently unstable that they
cannot form part of real polyrhythmic structures; they can occur in connexion with
rapid roulades, or in a context which makes it obvious that an improvisational,
non-rhythmic performance is in fact intended.
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olyrhythms, 7 against 2, poses no great difficulties
n has been learnt; the second note of the duplet
ote of the septuplet; the polyrhythm
h the sub-division 2 + 3 + 2. See the

The simplest of the septuplet p
after the 5 against 2 combinatio
falls halfway between the fourth and fifth n
7 against 2 seems to be easiest to perform wit
2-part exercise no. 28, p. 70.

Let us imagine a 4-meter measure occupied by . i
against 4 in relation to the basic meter. The timing of the septuplet against the four

beats seems quite complicated at first, but the difficulty is actually not so great;
in the same way as the quintuplet in 5 against 3 could be derlveq from the two-beat
triplet, the four-beat septuplet can be obtained even more easily from the three-

beat quintuplet:

a septuplet; the figure then forms 7
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Measures 2 and 5 are practically indistinguishable in terms of rhythmic structure;
while the sixth note in measure 2 coincides with the fourth pulse beat, in the fifth
measure the sixth septuplet note falls 1/7 of the meter value before the fourth beat;
the 4-beat septuplet is thus only marginally faster than the 3-beat quintuplet. At
the given tempo, )= 96, the metronome marking of the quintuplet will be equal to
x3 = 160, the septuplet to: 25441 = 168; these two figures are adjacent markings
on the metronome scale and relation between them thus corresponds to the smallest
difference in degree normally used in metronome indications.
In the same way as the human ear, when confronted with intonation or interval
sizes, has a certain level of tolerance (which thus enables us to accept the system
of tempered tuning), there is also a similar kind of tolerance in connection with
rhythmic phenomena; by analogy, therefore, we can accept the 7 against 4 poly-
rthythm as a pattern which is as plausible and comprehensible as 5 against 3, despite
the fact that the combination 7 against 4 is extemely complicated mathematically:

— 7 1
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We can at the same time deduce that apparently complicated combinations can
“fit in” as entirely plausible patterns, so long as they are backed up by closely re-
lated analogous formations; in this respect possibilities increase as we proceed to-
wards more complex types of polyrhythms.
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EXERCISES 70-73, p. 51: exercises in 7 against 4. Beat time audibly. The minimal
difference between the 3-beat quintuplet and the 4-beat septuplet (e.g. ex. 70,
measures 5-8) can be most clearly perceived in the aural character of the two poly-
thythms, 5 against 3 which is rounded, triplet-like, and 7 against 4 which is binary
in nature. Note in ex. 71 the rather unusual notation in sixteenth-note meter. In
ex. 72 the quarter-note septuplets are given square brackets which indicate the sep-
tuplet division. Ex. 73: the polyrhythm 7 against 4 is sufficiently stable to allow
various derivatives of the septuplet to be performed without great difficulty.

7 against 3
The following diagram shows how the individual notes in the two sub-divisions

relate to each other:
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The 7 against 3 combination occurs most frequently at relatively rapid tempi.
The polyrhythm is easiest to perform when the septuplet is divided 2 + 2 + 3; how-
ever, if the duplet grouping comes last, as in 3 + 2 + 2 or 2 + 3 + 2, the sixth note
will, particularly in more rapid tempi, tend to coincide with the third note in the
underlying triplet, as in the following passage from Beethoven’s G major piano
concerto. If we want to perform the passage as a ‘“‘genuine 7 against 3 (which
is probably not absolutely necessary), we must as far as possible avoid accenting the
sixth note of the septuplet:

(Allegro moderato)
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EXERCISES 74-76, p. 52. Beat time audibly to these exercises. The septuplet in
exercise 74 (measure 5) can readily be timed by means of the figures in measures
1-3. Pay attention to the perfect evenness of the septuplet figures — all notes of
equal length; the three-note grouping at the end of the figure may tend to become
too fast. Ex. 75: the nonuplet in the polyrhythm 9 against 4, a combination which
has already been practised (see ex. 45 and the two-part ex. no. 17, p. 67), has
almost the same ‘‘speed” as the 3-beat septuplet; at the given tempo (132) the metro-
nome markings for the two figures are 297 and 308 respectively. These markings do
not appear on the metronome scale, but they show that the septuplet is a fraction
faster — a distinction which is barely perceptible. Use the metronome as a check.
Ex. 76: the septuplet appears here, where the tempo is slower, in its three different
sub-divisional types; the exercise also contains the 3-beat quintuplet and the 2-beat

triplet.
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nst 4

ral
EXERCISE 77, p. 53: a combination exercise in which the polyrhythms 7 hmic

. hyt
and 7 against 3 are juxtaposed. The metronome marks the triplets, the riy
part the quadruplets and the vocal upper part the septuplets.

PART EXERCISES 21-32, p. 67. Livs. 21-23: 5 against 3. In exercises 21 200 >
the quintuplet figure corresponds to 3 + 2,in 22to 2+ 3.No. 24: 5 agaz{’le .let in
the two quintruplet types alternate;emphasize the 2 + 3 division of thg qumtl:pfi -
connexion with the 5 against 2 polyrhythm. No. 25. When the qumtuple 1 iize
begins with a rest, as in measures 1,3 and 5, it is particularly important to emPi o
the 2 + 3 division of the quintuplet, in the present case by giving the ,Seco.n(.i n(;so a
slight accent. No 26: 5 against 4. In this rather more difficult combinatlon‘lt is aWith
considerable help to emphasize the third note of the quintuplet in COmphanc.:fh the
the division into 2 + 3. Ex. 27. The polyrhythm 5 against 4 occurs here Wi o
underlying quadruplet in derived forms. No, 28: 7 against 2. Emphasize the. s?ptup £
division 2 + 3 + 2. Nos. 29 and 30: 7 against 4. Note.the changing sub-divisions .od
the septuplet. Nos. 31 and 32: 7 against 3. Where the septuplet moves at a ra;zl :
tempo, as in ex. 31, the principal difficulty is to make the seven notes of'the sept u'
plet perfectly even, without the concluding three-note grouping becoming faster;
note the changing secondary accents in the septuplets in ex. 32. Then peFform nQS.
7, 8, 10, 17, 23 and 29 in the volume “30 Polyrhythmic Etudes’ for piano Or in-
strumental ensembles.
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VI. POLYRHYTHMS IN QUINTUPLE
AND SEPTUPLE METER AND

IN ASSOCIATION WITH
CHANGING METERS

Having dealt in the preceding chapters with rhythms in which quintuplet and sep-
tuplet figures occurred as cross-rthythms against duplet and triplet groupings, in
this last section we will turn things upside down, so that 5- or 7-fold divisions now
form the basis for polyrhythmic combinations. We will thus be concerned with the
analysis of certain forms which occur particularly in modern music; another charac-
teristic feature of this style is the frequently changing meter, which further high-
lights the analogy with the metrical forms of prose.

Irregular time signatures are a potentially fruitful source of polyrhythmic formations;
apart from the cases in which a polyrhythm is built up over a full 5- or 7- meter
measure, parts of the measure — its components consisting of binary or ternary
groupings — may also form the basis of contrasting cross-rhythms, as demonstrated
in the following extract from Stravinsky’s “Movements”, 1959 (measure 17):

A: 110

8775 ,
0 1% e /% b
HO16= | —ho—|——r—=—
== i
b VEN e b
YT ot =
16 L %
UL

3

The tempo indicated (»=110) makes this passage extremely difficult to perform?*;
but in other respects the polyrhythms which occur — 3 against 4 and 2 against 3 —
are types with which we are already familiar and which at a slower tempo would
seem more immediately comprehensible (see exs. 19, 28 and 56 as well as “30
Polyrhythmic Etudes” nos. 8, 13, 16, 17 and 28, in which parts of 5- and 7-meter
measures act as the basis for various polyrhythmic forms).

However, we are left with cases in which a complete quintuplet or septuplet group-
ing in the lower part is combined with a contrasting cross-rhythm in the upper
part, types such as 7, 8 or 9 against 5, and 4, 3 or 2 against 5, as well as 4 against 7
or 5 against 7. These forms will be dealt with below.

* Stravinsky said *. . . its rhythmic language is also the most advanced I have so far employed” about “Move-
ments' in a conversation with Craft.
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The first group of these polyrhythmic combinati . o t9 :sg z;ixzsr:tisc;na:e%pears
at first glance to be complicated and difficult to perform; l:luo,n the basis of tﬁ?~
viously, these complex polyrhythms can often pe performe o with which we 1r
analogy with combinations which are structurally simpler an are
already familiar.

ons, 7, 8

EXERCISE 78, p. 54: 8 against 5. The octuplets in meas?'resin&olfogl}lz Sa—rxfet14
occupy a full § measure in relation to the basic meter; tf;ie;ltllll;l:letg(measure 2); i:
t i i ; : : nary 4 > €
octuplet is practically identical with that of the ter y ternary quintuplet will be

the given tempo, 96, the metronome marking of the : ‘
equal to 160 and the S-meter octuplet to 153.0, which shows that the octuplet is

the slower of the two, but only to so small an extent that tk}e difference is very
nearly imperceptible; the difference between the tWo figures will be Sleg(r)l 'to be less
than the difference between two adjacent marking on the metronon}e'( y ddnd 152),
In measure 10 foll. where the octuplet assumes the form of a sub-divide . uplet, tl}e
8 against 5 combination is particularly easy to perform, as the accented first note in
the second duplet grouping falls halfway between the third and fourth beats in the
S-meter measure. The five pulse-beats in the rhythmic accompaniment can be
marked by tapping the five fingers of one hand one after the other.

EXERCISE 79, p. 54: 7 against 5. In measure 1 a ternary meter quadruplet is
followed by a binary triplet; as already mentioned, the two figures are close to each
other in terms of speed (cf. remarks on exs. 29-35); at tempo 96 the speeds corres-
pond to mm. = 128 and 144 respectively; the 5-meter septuplet (measures 5 and 7),
however, has a speed which is more or less halfway between the two (mm. = 134.4),
The septuplet in measure 5, therefore, should be a fraction faster than the quadruplet

in the preceding measure.

EXERCISE 80, p. 54: 9 against 5. We have already seen how the 4-meter septuplet
could be derived from the ternary quintuplet; the distance between the 4-meter
septuplet and the S-meter nonuplet is even smaller; at tempo 96 the two speeds are
equal to mm. 168 and 172.6, a difference which corresponds to only about half the
distance between the two neighbouring marks on the metronome scale. Finally,
perform exs. 78, 79 and 80 without a break.

EXERCISE 81a, p. 54: preliminary exercise in the polyrhythm 3 against 5. Like 5
against 3, its inversion is also a relatively stable pattern; however, as this polyrhythm
occurs frequently at quite rapid tempi, it is advisable to practise the S-meter triplet
by beating §time marking audibly only the first, third and fifth pulse beats (a}
measure with a short 3rd beat, cf. the comment to ex. 19). The following diagram
shows how the three notes of the triplet relate to the three marked pulse-beats
in the 5-meter measure (note that the short 5th beat does not fall exactly halfway
between the last note of the triplet and the following first beat, but a fraction
earlier):
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On the first run-through of ex. 81a the upper part is sung while the rhythm part is
beaten audibly as explained; the metronome is then set at tempo 100 and combined
with the rhythmic part, and finally the vocal part is added. On the final run-through
the rhythmic part is omitted in measures 7-10, thus producing the polyrhythm 6
against 5 in measures 7-8.

W

EXERCISE 81b, p. 55 is worked through on the same lines as 81a; here the triplet
figure, which occupies a § measure (measures 3 and 7) occurs alongside the slightly
faster triplet which occupies a 2 measure (measures 5 and 6).

EXERCISE 82, p. 55. The polyrhythm 3 against 5 occurs here in a context of
changing time signatures; beat time audibly as an accompaniment.

EXERCISES 83-84, p. 56: the same two triplet figures as in ex. 81b. Note the dimi-
nution of the time signature in ex. 84; the 1st and 5th measures are accompanied by
beating time audibly.

EXERCISE 85, p. 56: 4 against 5 and 2 against 5. It is not difficult to time the
5-meter quadruplet in measure 4 against the 5-meter triplet in measure 1. In the §
measures, beat time as for a 4-meter bar with short second and fourth beats.

EXERCISE 8lc¢. p. 55: preliminary exercise for the polyrhythm 4 against 7. Work
through the exercise in the same way as exs. 8la and b; the 7-meter quadruplet in
measure 5 is a fraction slower than the S-meter triplet in measure 3. In the
measures, beat time as for a 4-meter measure with a short fourth beat.

EXERCISE 86, p. 57: 4 against 7. Beat time audibly as an accompaniment.

And finally the following test:

Perform exs. 82, 83, 85 and 86 while the metronome marks quarter-notes at tempo
100. In half the irregular measures ( § and % ) the accompanying rhythmic part will
syncopate with the metronome beat, and in each of the exercises its final note will
coincide with the metronome beat. Exercise 84 is performed in a similar way, with
the metronome marking eighth-notes at tempo 100; and as a last test Exercise 87,
p. 57, which is also performed with the metronome; here it marks quarter-notes
at tempo 88.

2-PART EXERCISES NOS. 33-26, p. 72: four examples of polyrhythms belonging to
the last group. Exercise 33: 3 against 5. In performance ensure that the second
quarter-note in the upper part falls shortly before the third note in the underlying
quintuplet. Exercise 34: 9 against 5. Theclose analogy between this polyrhythm and
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t. Exercise 35:
7 against 4 and S against 3 makes it quite easy to ti{ne the nor;ggl:orm bt
5 against 7. The quintuplet in the upper part may easily assumz_bea ¢ triplet will be
triplet followed by a 3 beat duplet; at tempo J = 11211t2hxe2x 20 60: the quintu-
equal to mm. 112x2x3 - 168, the 7-beat quintuplet to -"7";}’;’ fore come a frac-
plet is thus only very slightly slower, and its fourth note w1ll33 O 36 potform
tion after the sixth note in the underlying septuplet.” In ex* h parts legalo.
the upper part legato and the lower part staccato, in €X. 34 both p
Finally, perform nos. 13, 19, 28 and 30 of “30 Poly thythmic Etudes” on the piano
or in ensemble.

* Exercise 36: 4 against 7. Check that the fourth note in the quadruplet falls a fraction after the sixth beat in
the 7-meter measure.
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SUMMARY CHART

The chart shows the polyrhythmic combinations dealt wj
vertical series of numbers on the far left shows the upper v
polyrhythm, and the horizontal series at the bottom of the dj
voice component. The numbers in the co-ordinate system
text where the polyrhythm in question is explained. The refe
then lead to the corresponding exercises.

th in this book. The
oice Component of the
1agram shows the lower
refer to the page in the
€reénces in the prose part

A given polyrhythm and its inversion will be symmetrically placed,

diagonal line formed by the grey squares between the combination 1
The squares to the left of this central axis correspond with thoge
situations where the upper voice moves faster than the lower voice,

for the squares to the right. In practice, the former of these two typ
common, and so the left side shows the greater number of combinatj
left as opposed to 9 on the right).

relative to the
~landg_g.
polyrhythmic
and vice versa
€8 is the more
ons (21 on the
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